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Abstract. This work concerns the application of the Nehari manifold method
to the study of branches of positive solutions to the problem

−∆pu = λ|u|p−2u+ f |u|γ−2u, u ∈ W 1,p
0 (Ω),

where ∆p is the p-Laplacian operator, f changes signs, λ is a real parameter
and 1 < p < γ < p∗. A special care is given to the extreme value λ∗, which
is characterized variationally by

λ∗ = inf

{∫
|∇u|p∫
|u|p

, u ∈ W 1,p
0 (Ω),

∫
f |u|γ ≥ 0

}
.

The main result deals with the existence of two positive solutions when
λ ∈ (λ1, λ

∗ + ε).
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